Nat ∈ Set 0 ∈ Nat s ∈ (Nat) Nat Lt ∈ (Nat; Nat) Set lt0 ∈ (i ∈ Nat) Lt(0, s(i)) lt1 ∈ (↓i, ↓j ∈ Nat; Lt(i, j)) Lt(s(i), s(j)) add ∈ (Nat; Nat) Nat injS ∈ (↓i, ↓j ∈ Nat; Id(s(i), s(j))) Id(i, j) noConfNat ∈ (↓i ∈ Nat; Id(0, s(i))) Empty eqNat1 ∈ (i, j ∈ Nat) Plus(Id(i, j), Not(Id(i, j))) eqNat ∈ DecR(Id()) Le ∈ (Nat; Nat) Set ltLem1 ∈ (i ∈ Nat; Lt(i, 0)) Empty ltLem2 ∈ (↓i, ↓j ∈ Nat; Lt(i, s(j))) Plus(Id(i, j), Lt(i, j)) accLtaux ∈ (i ∈ Nat; (j ∈ Nat; Lt(j, i))Acc(Lt, j); k ∈ Nat; Lt(k, s(i))) Acc(Lt, k) accLt ∈ (i ∈ Nat) Acc(Lt, i) ltLem3 ∈ (m, n ∈ Nat; Lt(s(m), s(n))) Lt(m, n) decRLt1 ∈ (m, n ∈ Nat) Plus(Lt(m, n), Not(Lt(m, n))) decRLt ∈ DecR(Lt) trichLt ∈ (m, n ∈ Nat) Plus(Lt(m, n), Plus(Lt(n, m), Id(n, m))) totalLe ∈ (m, n ∈ Nat) Plus(Le(m, n), Le(n, m)) leSuccLem ∈ (m, n ∈ Nat; Le(m, n)) Lt(m, s(n)) ltSuccLem ∈ (n ∈ Nat) Lt(n, s(n)) assocAdd1 ∈ (x, y, z ∈ Nat) Id(add(add(x, y), z), add(x, add(y, z))) commAddLem1 ∈ (x ∈ Nat) Id(x, add(x, 0)) commAddLem2 ∈ (x, y ∈ Nat) Id(s(add(x, y)), add(x, s(y))) commAdd1 ∈ (x, y ∈ Nat) Id(add(x, y), add(y, x)) withUnitLAdd1 ∈ (x ∈ Nat) Id(add(0, x), x) withUnitRAdd1 ∈ (x ∈ Nat) Id(add(x, 0), x) assocAdd ∈ Assoc(Nat, add) commAdd ∈ Comm(Nat, add) withUnitLAdd ∈ WithUnitL(Nat, add) withUnitRAdd ∈ WithUnitR(Nat, add) addCommMonoid ∈ CommMonoid(Nat, add)

nat