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yiga : XsH()=Xs for  alla Ustor Xs
¢ . med (strukturell) induletion puer XS

L&Y P(xs) = x5+ () =XS"
p(cy): D#Ll= [] (def. +)

bostall :
steqfall P(as) = P(a:as)
anta : P(@s) : as+ [) = as (1.H.)
:,-;-;--, P(a:as): (a:as)-\-\-[') = QA QS
(a:as) 401 = a: (asH [))

= Q. QS

(def. +)
(1.H.)



visa : () ar assodativ  xs#(ystes) = (xwyspes

bevis @ med ctwkvell indmltion over Xs
LO‘.{ P(XS) = N XS (95""’ i‘-S) = (K?*(‘ﬂf) +2S ﬁsr .
KstHor 'jsl ts

M'« P([‘)) [3 ‘H‘CQS‘H’QS) = 95.\{-25
= (Days) H2s (det- )

I\ - Plas) = Pla:as)

as + (95-&-\'%5) =
visa > (a:as) + (Y5 wrs) = ((a:as) +93
(a:as)-\*(‘o“ﬂ'%S) _ a: (as 4 (ys#es)) (def . t)
_ a: ((@s+ys)#2s) (1.H.)

(as + Ys) + 2S (1.H.)
) +es

= (a:(as-ﬂ-g_s))-\* S (Al{-“)

= (Ca:as3) 4 Ys) 4t 25 (def. )




\Ixselo) . rev (rev Xs) = XS



v (xs # ys) = 1V YsH e Xs




WISA © [V (XS4 ys) = rev Yys +H v Xs

L&t P(XS) = v (xs+ 95) = yev ys H eV X
bastall = P(C) ¢ TV (1) ys) = rev ys

( s + tjs) = rev ys H Yev Qas (I.H.)
(eV YS +H v (a:as)

(a:a9) + ys) = &Y %
! _ rev (as+ys) + (el

= (ch ys + rev as) + [a)

)|

\
rev ys + (rev as + [a)) (Hasset
O - rev ys + vev (aias) (def . rev



visa : (ev (rev Xs) = XS for alla Ustor x;
bevis : Med stwkt. ind. over Xs

| gt P(xs) = “rev (rev Xs) = Xs"”

 P(ry) : rev (rev ) = IRV [) (def - vev)
i = [ (def- vev)

sieﬁfa\l: P(as) = Pla:as)

 Dlas): rev (rev as) = as (1.4.)

(ev (rev (a:as)) = Q145

rev (rev as # [a)) (det.re

ey [a) 4+ eV (rev as) (r'fv"},':;

(M.re.vf}
 ray#as O
= a.as (def. #)



"

v

rev (a: [1)
cev 1) + (o)
[ +# e
[a)

(def - [-)

(def . rev)
(dek . rev)

(ddf . H)







QVO\‘ e (
oval (Num n) =N ’
eval (M\& a b) _ eval a + eval |

eual

swap = Expr 2 Expr

SWap (NUW\ n) = Num N

cutp (Md ab) ” Add (swep b) (swep a)
cop (M @) _ Mol (swap @) (swep ©)

VQGEX{’(- e\/a\ e = eval (SwaP Q)



Visa . eval (S =
= (swap e)., eva| e for alla ee&x
bevio: med stwkt. ind. odver €& pC

| ot Ple) = Veval (swap e)= eval e ”

wg{—g\\({; P(Nom n) : eval (swap (Num n))= eval (Num n)
(det .S,

Skgfgl“:(?(aﬂ A P(0)) = P(Ad ab)
Q (l‘Hd)

nia Pl - eval (swap &) = el a |
b) = 2l b (IHL)

— Pl ¢ erol (Swop
yisa © P(Pdd ab) - oval (swap (Add abll= eunl (Add ab)
QV&‘ (AAA (SWG\P b) (Swa\gq))

oval (swop (M@ @ b)) =
(det
cu‘\')
- e\m\ [«;ma\\a ’7) + eval (SNGP Q)
eva\ b+ eval @ (M:"“ \)

-
-

("H' Ly "Hl)

_evo\l a + eval b
e (+ komm.)

-—

- eval (Add a b)



steqfall 2
(P
( (0&) /\P(b)) =) P(
>(Moul a b
. b)

owm
e P[@\).
P(b): :!VM (swap Q)
= PO " ar &) = oml b (10
Law) b ow = tual )
e b \
eval (swap (! val (swap (Mol (ZH'Z)
ab) - & \):.
) = eval (Mul (sw eval (Ml ab)
= & ap a) (M
— al (swep a) ¥ eval (soap b)) (wor)
= Q\/a\ o X (SWP 55%@\‘
= eval eval b (F ¢\H
(Mol a b) TR
de
; tfsla\)



